Abstract The absorption and emission spectra of three azo sulfonamide compounds in different solvents were investigated theoretically by using response functions combined with density functional theory (DFT), while the solvent effect on the structure and the electronic transitions was determined using the integral equation formalism for the polarizable continuum model (IEF-PCM). The results show that the applied different exchange-correlation functionals can reproduce the experimental values well. DFT calculations of the title compounds showed that the H-bond formed between the solute and solvent molecules is one of the major causes of the reversible solvatochromism observed in measured spectra. This is due to a better stabilization of the neutral form than the zwitterionic form in the polar protic solvents, which is characteristic of the hypsochromic shift. On the other hand, the molecules considered exhibit a monotonic behavior regarding the polarity of the lowlying excited state (Δμ g-CT ) as a function of the solvent polarity. This dependence occurs in the case of the positive solvatochromism and confirms the thesis regarding the H-bond solute-solvent interactions. Theoretically determined values of the two-photon cross section revealed that the (σ OF (2) ) shows similar trends with changes in λ abs , in contrast to 〈δ OF 〉 values. In conclusion, the results demonstrate that the investigated molecules can be used successfully as fluorochromes in bioimaging.
Introduction
The pharmacological activities of sulfonamide derivates have been well known for many years [1] . The past decade has seen renewed interest in sulfonamides as potential medications. In addition to continuing research on antibacterial activity, and on hypoglycemic and diuretic sulfonamides [2] [3] [4] [5] [6] [7] , this interest is also related to other biological activities and is strictly dependent on structure. Most sulfonamides exhibit significant toxicity, which is the reason for their limited use and limits their application in favor of faster and safer antibiotics. The literature cites sulfonamides as selective COX-2 inhibitors, bradykinin B 2 receptor antagonists, receptor selective antagonists of 5-HT 7 , receptor selective antagonists endothelin ET A , receptor ligands serotonin 5-HT 6 or selective inhibitors of bacterial collagenase. However, most of these reports are related to studies on the synthesis of new sulfonamides and their effect on cancer or HIV. Studies on bacteriostatic and antidiabetic sulphonamides led to publications (1988) (1989) (1990) (1991) (1992) regardin g t he sy n th es is a n d a nt it um or a c ti vi ty o f Nd i a r y l s u l f o n y l u r e a s [ 8 , 9 ] a n d 4 -a m i n o -N -( 5 -chloroquinoxalin-2-yl) benzenesulfonamide [10, 11] . On the other hand, in 1996 studies began on 5,5,11-trioxo-10H-pyrrolo [1,2 -b] [1, 2, 5] benzothiadiazepine (PBTDs), 1-(benzenesulfonyl)-1H-pyrrole and 1-(benzenesulfonyl)-1H-indole [12, 13] with activity directed against HIV-1.
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Beyond their biological activity, sulfonamide derivatives exhibit interesting features such as nonlinear optical (NLO) properties [14] . There is growing interest in using organic materials for NLO devices, functioning as second harmonic generators, frequency converters, electro-optical modulators, etc. because of the large second-order electric susceptibilities of organic materials. Noncentrosymmetrical organic systems demonstrating significant non-linear responses as high hyperpolarizability or two-photon absorption cross section (2PA) are those containing both electron-donating (D) and electron-accepting (A) substituents interacting via a system of π-conjugated double bonds [15] [16] [17] [18] [19] [20] [21] . In the case of sulfonamides, the electron-withdrawing group is the sulfonyl group [22, 23] . Compounds with such characteristics are particularly sought after in molecular imaging. Nowadays, bioimaging has become a useful tool in biological research because it offers an unique approach to visualization of the morphological details of cells [24] . Imaging of phenomena occurring at the molecular or intracellular level is possible by the introduction of live organism markers. The binding of such markers to tissue components allows for dimensional assessment of these structures, as well as monitoring of the processes taking place in them. In the dynamic and developing field of molecular imaging, studies are performed using optical methods, and the markers used are dyes emitting fluorescence [25] . Currently, the most studied fluorescent markers in bioimaging include fluorescent proteins, organic dyes, metal complexes, and semiconductor nanocrystals [26] [27] [28] [29] . In order to obtain the best markers in one-and two-photon imaging, studies on the structural and optical properties of markers are required. These include the surface modification of fluorophore structure, e.g., with bright fluorescence, high photostability, large Stokes' shift, high fluorescence quantum yield and flexible processability, all of which help to conjugate the fluorophore with biomolecules [30] . A whole variety of organic compounds meet all these criteria. However, sulfonamides, particularly when azo-functionalized, may also constitute a new group of fluorochromes in addition to their applications mentioned above. Azobenzene derivatives containing intramolecular D-π-A charge-transfer chromophores show excellent photo-physical properties since they have extensive π-systems delocalized between the acceptor and donor units across the azo linkage [31, 32] . This type of structure provides an acentrosymmetric distribution of electronic charge and relatively high polarity of the excited states. The molecule, which is then placed in an external electric or optic field, is subjected to electronic charge movement, causing a change in electron density, and the consequent change in polarization state causes the appearance of NLO properties [33, 34] .
In the past decade, density functional theory (DFT) has been used frequently to describe the structural parameters of the ground and excited states, vibrational frequencies and energies of D-π-A types molecules [35] [36] [37] [38] . Moreover, the calculated values obtained with this method are efficient and accurate with respect to the evaluation of a number of molecular properties [39, 40] . The DFT is used not only in the search for new materials used in photonics, but also in the theoretical modeling of drug design. Some of the most frequently used functionals for this purpose are B3LYB [41] and PBE0 [42] . However, despite their popularity, they are known to poorly predict excitation energies of the charge-transfer (CT) states [43] . In order to improve the quality of the predictions of traditional functionals, long-range corrected functionals have been proposed recently [44] . Among them, the most promising are the CAM-B3LYP and LC functionals.
In the case of the azo sulfonamide dyes investigated here, to the author's knowledge no detailed geometry of the excited state or two-photon absorption cross section obtained during theoretical calculations is available to date. This paper also presents the characteristics of the excited states of the azo sulfonamides discussed. To confirm the adequacy of DFT methods, the theoretical one-photon absorption and fluorescence spectra will be compared with experimental values. The results of calculations of the two-photon absorption cross section will then be presented and the usefulness of these compounds as fluorescence markers will be evaluated. All cited experimental values of these molecules were determined by Zakerhamidi et al. [45] .
Calculation methods
The molecular geometries of molecules csidered here in their ground and excited states were optimized using the Gaussian 09 program package [46] and the hybrid exchange-correlation B3LYP [41] , O3LYP [47] , PBE0 [42, 48] , PBEh1PBE [49] as well as long-range corrected CAM-B3LYP [43] , LC-BLYB [44, 50] , LC-ωPBE [50] [51] [52] and ωB97XD [53] functionals in conjunction with the 6-311++G(d,p) basis set. Geometry optimization was carried out both in the gas phase and in the presence of selected solvents by applying the integral equation formalism for the polarizable continuum model (IEF-PCM) [54] . In all cases, harmonic vibrational analysis was performed in order to confirm that the stationary points correspond to minima on the potential energy surface.
Using time-dependent density functional theory (TD-DFT) [36] [37] [38] with all the above-mentioned functionals, spectroscopic parameters characterizing one-photon excitation spectra were determined. In the case of excited states, the geometric parameters and fluorescence spectra were determined based on the PBE0, CAM-B3LYP and LC-ωPBE functionals. These calculations employed the Gaussian 09 suite of programs and the 6-311++G(d,p) basis set, carried out both in vacuo and with the inclusion of solvent effects using the IEF-PCM model. In this study, an approximation was made that vertical excitation energy is comparable to experimental band maxima. The former quantity was computed neglecting the effects of molecular vibrations.
In order to determine the excited state dipole moments, the dipole moment differences between ground (g) and excited (e) state were calculated by numerical differentiation of the excitation energies:
where the index i denotes the Cartesian component of the dipole moment difference. An electric field F of strength 0.001 a.u. was used in all calculations. The numerical stability of Δμ calculations was checked by comparing the analytical dipole moments from ground state calculations with the values obtained by numerical differentiation of the ground state energy.
Experimentally, the two-photon absorption (2PA) can be obtained by dissipation of the incident light, which, for a single beam 2PA experiment, is twice the transition rate. In this case, the two-photon cross-section of the degenerate process is written as [55] [56] [57] :
where α is a fine structure constant, ω is the frequency of absorbed photons (assuming one source of photons), Γ F is the broadening of the final state (F) due to its finite lifetime and g(ω) provides the spectral line profile-often assumed to be a δ-function-and 〈δ
OF
〉 is the two-photon transition probability for the transition from the ground state to a final state.
In the case of a molecule absorbing two photons of the same energy in isotropic media, the degenerate 〈δ OF 〉 in an isotropic medium using a linearly polarized laser beam given by [58] :
In this equation, S ij OF is the second-order transition moment given by:
where ℏω 1 +ℏω 2 should satisfy the resonance condition and 0 ζ 1 ⋅μ i j jK h istands for the transition moment between electronic states |0>and |K>, respectively. ζ is the vector defining polarization of photons.
To describe the two-photon allowed states, the quadratic response functions formalism [59, 60] within the DFT framework was used as implemented in the DALTON 2011 program [61, 62] . Solvent effects were taken into account with the self-consistent reaction field (SCRF) model. All 2PA calculations were carried out employing the CAM-B3LYP functional and the 6-311++G(d,p) basis set.
Results and discussion
Geometries of the ground state and the second excited state For the investigated azo sulfonamide derivatives (cf. Figs. 1,  2) , the excitation of the lowest energy is of n-π* character (dark state) while intense charge-transfer excitation is observed for the second excited singlet state (bright state), accompanied by the largest oscillator strength. The selected optimized parameters of the ground (S 0 ) and the second excited (S 2 ) state are listed in Tables 1 and 2 . The complete characterization of geometrical parameters can be seen in the Supporting Information. In addition, the PBE0 functional was used to optimize the structures and the plots of frontier orbitals also with the 6-311++G(d,p) basis set. This functional was chosen as the absorption spectra were closest to experimental values, as discussed below.
As seen in Table 1 , most bond lengths in the ground state are longer than those in the excited state. It is easy to see that the major changes occur in bonds connecting the aromatic rings, while the S 2 state bond lengths of pyrimidine and azobenzene rings are practically identical to those in the S 0 state. For each of the investigated molecules, the binding of N19-N20 is reduced much more than 0.015 Å. However, in the case of BS1 and BS2 compounds, the shortening of the C16-N19 bond is greater, while the NN double bond approaches more towards the ring connected to the sulfonic group. However, for BS3 molecule, the nitrogen-nitrogen π-bridge is closer to the third ring, connected to the amino group. This results in a significant approach of the pyrimidine ring to the azobenzene moiety. The geometrical parameters are also influenced by the presence of different amino groups, which are characteristic for each of the discussed molecules. Taking into account the N27-C28 and N27-C29 bond lengths, which are reduced, it can be assumed that, in the case of tertiary amines, the first alkyl carbon atoms will be closing in the direction of a nitrogen atom, while practically no change will occur for the bond linking the aromatic fragment with the N atom. An interesting observation is also provided by analysis of the behavior of oxygen bonds linking it with other elements. As can be seen, the double bonds show no changes while single bonds are shortened by more than 0.012 Å. These structural changes occur in two different groups, hydroxy and ether for BS2 and BS3, respectively. Thus, in the case of other groups in which an oxygen atom will be attached via single or double bonds; an analogous dependence is to be expected when excitation occurs.
The presence of a solvent effect significantly influences the geometry of the ground and excited state. In the case of the aminosulfane group, which is linked to the fragment of the pyrimidine ring with azobenzene, C8-N9, N9-S10 and S10-13 bonds in the ground state are shortened during the transition from the gas phase into acetone. However, a further transition to more polar solvents is not accompanied by a change in length of these bonds. In turn, when comparing the effect of solvent on the differences between the lengths of these bonds in the S 0 and S 2 state (ΔS 0 -S 2 ), it is easy to see that, in the case of BS1, the difference in the gas phase is the smallest and does not exceed 0.016 Å. During the transition to acetone, ΔS 0 -S 2 increases up to 0.072 Å for the S10-C13 bond. The presence of a more polar solvent results in a progressive reduction of these differences; however, for water they are still higher than in vacuum. In the case of BS2 and BS3, for the C8-N9 and N9-C10 bonds in the gas phase, ΔS 0 -S 2 is larger than in the presence of solvents, and increasing the dielectric constant of the medium promotes larger differences. However, in the case of S10-C13, ΔS 0 -S 2 is significantly greater in solution than in vacuo, and upon excitation it is shortened greatly. This causes the sulfur atom to shift further toward the azobenzene fragment, rather than toward the pyrimidine ring. Particularly sensitive to environmental changes is the NN π-bridge. In any case, not only is the NN bond reduced during the excitation, but the value of ΔS 0 -S 2 is also decreased with increasing polarity of the medium. Furthermore, in the case of BS1 and BS2, the presence of more polar solvents tends to increase the value of ΔS 0 -S 2 for C16-N19 bond and reduce it for N20-C21, which causes the NN double bond to approach the ring with amino group. However, for the BS3 molecule, an inverse correlation is observed. This suggests that increasing the length of alkyl groups in the aromatic amine linked to the π-electron bridge causes it to approach a part of the sulfonamide.
The structural changes that take place when the studied azo sulfonamides are excited to the second excited state are caused not only by the change in bond lengths between the atoms. The planar location of the different fragments forming the molecules is also significant. As seen from Table 2 , the values of the C8-N9-S10 and N9-S10-C13 torsion angles of the ground and excited states rise as a function of the polarity of the medium. On the other hand, during the excitation of molecules there is observed a reduction in these angles for each case. Moreover, a trend highlights that, with increasing polarity of the medium, the size of these angles decreases. These observations indicate that in the S 2 state, the overall length of the sulfamyl connector is shorter; thereby, the pyrimidine is closer to the azobenzene fragment. These changes occur also in the dihedral angle. In the case of BS1 and BS2 molecules, the C1-C8-N9-S10 angle decreases, and the C7-C8-N9-S10 increases. This is caused by twisting of the pyrimidine ring around the C8-N9 bond, whereby it is arranged more perpendicularly to the symmetry axis of the azobenzene molecules than in the case of the ground state. This rotation is in the direction of the oxygen atom O12. Therefore, in the excited state, the reduction of C8-N9-O12-S10 angle is greater than the C8-N9-O12-S10. This observation is analogous in all analyzed media wherein, with an increase in dielectric constant, these structural changes are reduced. For the BS3 molecule, the opposite relation is observed: the position of the pyrimidine ring moves more in the direction of the axis of symmetry of azobenzene. Changes in the geometrical parameters are also visible in the azo bridge. As seen from Table 2 , the values of angles C15-C16-N19 and N20-C21-C26 for S 0 and S 2 rise gradually with increasing dielectric constant of the medium. However, for all molecules, the ΔS 0 -S 2 values for C15-C16-N19 and N20-C21-C26 are more than 2°. Simultaneously, the angles C16-C17-N19 and N20-C21-C22 are reduced by more than 1°. In addition, an increase of more than 10°is observed for C16-N19-N20 and N19-N20-C21. In contrast, the dihedral angle C16-N19-N20-N20-C2 turns out to be smaller for S 0 relative to S 2 . On the other hand, these changes cause a slight stretch of the length of the π-electron bridge during the excitation. In the solution, increasing the polarity of the medium results in a decrease of the ΔS 0 -S 2 values. Some discrepancies are observed for the BS3. This may be induced by the presence of an expanded amino group which, crucially, may influence the size of the charge transfer, but also the structural parameters. As mentioned earlier, for the titled azo sulfonamides, an intense charge-transfer excitation is observed for the second excited singlet state (π-π*) and this transition is dominated by highest occupied molecular orbital to lowest unoccupied molecular orbital (HOMO→LUMO) excitation (see Fig. 3 ). The figures show that both HOMO and LUMO electrons are delocalized on the sulfamyl linker, on azobenzene and on the nitrogen atom of the amine group. In each case, the pyrimidine ring is omitted. The HOMO is localized mainly on the part of the molecule that corresponds to the π-electron bridge and one of azobenzene rings with the attached nitrogen atom of the amino group. The lowest-lying unoccupied molecular orbital is localized on the second ring of azobenzene and the sulfamyl linker. Therefore, during the excitation to the S 2 state, there is a substantial shift in electron density distribution from the amino group in the direction of the sulfamyl linker and this constitutes an intramolecular charge transfer, reducing the D-π-A form. On the other hand, the presence of the pyrimidine ring with electron-donating groups (methyl groups) does not affect the size of this transfer. Both frontier molecular orbitals are localized mainly on the azobenzene rings, indicating that the HOMO-LUMO transitions involve mostly π-antibonding type orbitals. The value of the energy separation between these orbitals is 3.084, 2.919 and 3.077 eV for BS1, BS2 and BS3, respectively. These relatively large values of the HOMO-LUMO gap suggest high excitation energies for many of the excited states, a good stability and a high chemical hardness for the investigated azo sulfonamides.
Electronic absorption and emission spectra
The electronic absorption spectra (λ abs ), oscillator strengths (f OS ) and experimental UV-vis spectra calculated in gas phase and solvents with different DFT functionals for BS1, BS2 and BS3 are shown in Tables 3, 4 and 5, respectively. Comparison of the eight functionals used in evaluation of one-photon absorption (OPA) bands indicates that the long-range corrected (LC) functionals give similar results. The values obtained using LC functionals are practically identical, with the differences between them being smaller than 4 nm. Slightly higher values were obtained using LC-ωPBE. In contrast, the use of CAM-B3LYP leads to the maxima of the absorption bands shifting towards longer wavelengths, and the difference Δλ CAM-B3LYP -LC-BLYP exceeds 35 nm. Lastly, ωB97XD, which includes empirical dispersion, predicts the discussed quantity at the CAM-B3LYP level and the difference between them is less than 7 nm, with the latter giving a slightly higher value. On the other hand, the use of another group, which comprises standard hybrid functionals, leads to much higher λ abs . The relatively often used B3LYP overestimates these values by more than 50 and 80 nm with respect to CAM-B3LYP and LC-BLYP, respectively. In turn, both PBE functionals lead to λ abs values at the same level (Δλ PBEh1PBE -PBE0 ≈0.3 nm), and the values obtained using these functionals are 10 nm lower relative to B3LYP, but 30 nm higher compared to CAM-B3LYP. More importantly, comparison of calculated and experimental values indicates that the most reliable values were obtained with PBE functionals. This method gives values of transition energy (ΔE) that are slightly overestimated relative to experimental values but the average difference of ΔΔE between them is only 0.11 eV for BS1, 0.06 eV for BS2 and 0.12 eV for BS3. The asymptotically corrected CAM-B3LYP and LC functionals give underestimated results compared with those obtained experimentally. Here, the average deviation is 0.15 and 0.24 eV for CAM-B3LYP, 0.41 and 0.52 eV for LC, in the case of the BS1 (and BS3) and BS2, respectively. In the case of ωB97XD functional, as long as it provides absorption maximum bands at a similar level to those of CAM-B3LYP, the ΔΔE values obtained with its use are significantly larger, i.e., 0.20 eV for BS1 and BS3, and 0.29 eV for BS2. This is in agreement with the results obtained for azobenzene derivatives and diarylethane photochromes presented by Jacquemin [63] . It has been shown that, for singlet states, the ωB97XD results are similar to their CAM-B3LYP counterparts, and that this range-separated functional including dispersion is very efficient for this family of compounds. Similar relationships for ketocyanine dyes were observed by Eilmes [64] and for benzoic acid derivatives by Guo et al. [65] . Moreover, the Yang group [66] showed that this functional provided relatively accurate descriptions for chargetransfer excitation for platinum arylacetylide complexes. In the case of the latter two hybrid functionals there is a significant overestimation, with the differences being 0.17, 0.11 and 0.18 eV for B3LYP, 0.25, 0.20 and 0.26 eV for O3LYP, in the case of BS1, BS2 and BS3. Despite these significant differences, the use of these two functionals leads to more reliable results, as they give values less affected by errors than in the case of LC functionals. This indicates clearly that, for this type of molecule, new testing methods are still required. Figure 4 shows a comparison of the absorption spectra obtained theoretically and experimentally as determined in DMSO. In this case, two analogues of the BS2 and BS3 molecules were used, investigated earlier by Zakerhamidi et al. [67] . The difference between them lies in the replacing of the pyrimidine ring with 1,2,5-oxadiazole, leaving the residual skeleton of the compounds. The exchange in the aromatic ring, mentioned earlier, results in slight changes in the position of the maximum absorption bands. Taking into account DMSO, the λ abs value is 465 nm for BS2 and 473 for its analogue. The difference is only about 8 nm. In the latter case, these values are 447 and 466 nm for the BS3 and its analogue, respectively. Firstly, if the calculated maximum absorption band is shifted towards shorter wavelengths, the obtained spectra for both compounds have similar shapes. In addition, for both molecules, no additional bands in the spectra obtained by measurements and theoretical calculation were detected. This indicates the absence of any specific interactions between the dissolved compound and a polar solvent and confirms the validity of the calculation methods used in determining the discussed linear and NLO properties. As indicated by the data collected in the Tables 3 and 5 , changing the solvent shifts the position of the absorption peaks. The solvatochromic shift of the maximum absorption band (Δω) can be represented by the following relationship [68] :
where Δω E is the pure electrostatic contribution, Δω D denotes the dispersion contribution and Δω H is connected with the short-range specific interaction between the solvent and dissolved molecule, e.g., hydrogen bonding. Therefore, these contributions must be also taken into account in any discussion of the spectroscopic properties of the title compounds. TD-DFT calculations reveal that the transition of molecules from the gas phase to solution is accompanied by an increase in the OPA value (bathochromic shift). For all three azo sulfonamides this red shift is evident for weakly polar solvents (for 1-butanol). In each case, the use of a more polar acetone results in a blue shift. However, this increase in the value of the excitation energy is not reflected in the presence of other media with increasing dielectric constant. Furthermore, the value of ΔE in 1-butanol is less than that in water. It should be stressed that, in an environment characterized by a low value of relative permittivity, there is a larger polarization for the charge-transfer excited state than for the ground state. Additionally, it should be noted that, in this case, the dispersion contribution to the interaction energy between the S 2 dissolved compound and the solvent is substantially higher than in the case of S 0 . On the other hand, it causes a red shift. More polar solvents, especially acetone, methanol and water, can lead to the formation of H-bonds involving the amino group [69] [70] [71] . This causes better stabilization of the ground state by solvation for the investigated molecules, rather than their excited state. In turn, this can induce differences that lead generally to the occurrence of negative solvatochromism (hypsochromic shift). Observations made by theoretical calculations become more valuable because if the value is measured experimentally, much larger discrepancies are obtained. For example, taking into account the transition from 1-butanol to water, experimental measurements indicate a significant shift of the maximum absorption band in the direction of longer wavelengths for each tested azo sulfonamide molecule. In addition, experimental studies indicate that the lowest value of ΔE was obtained when the medium was water, while in the case of TD-DFT calculations the environment with lowest values was DMF. In conclusion, azobenzene derivatives b e l o n g t o a c l a s s o f c o m p o u n d s w i t h p o s i t i v e solvatochromism. However, in this case, the presence of the sulfamyl linker results in a negative solvatochromic shift in polar solvents. Moreover, with lowering of the solvent polarity, solvatochromic reversal occurs and the solvatochromic shift subsequently becomes positive. This phenomenon may also be induced by the tendency to self-aggregate in the low polarity solvents and in molecular structure changes from zwitterionic to neutral [72, 73] . However, these factors show that the azo sulfonamides belong to the family of dyes exhibiting solvatochromic reversal. Table 6 illustrates the computed emission spectra λ fluo in gas phase and the solvent effect on the positions of the emission peaks. The application of DFT methods for the calculation of excited states is relatively expensive. Therefore, λ fluo values were determined only in three solvents of low, medium and high dielectric constants to reproduce the effect of polarity on the measured magnitude and with the use of only three DFT functionals. Moreover, photon emission is known to occur in appreciable yield only from the lowest excited state (Kasha's rule). Therefore, the geometry optimization calculation was also conducted for the first singlet excited state (PBEO/B3LYP-6311++G(d,p)) and the λ fluo values were calculated based on this geometry.
The fluorescence can be explained by the calculated energy gap (ΔE 2-1 ) between the S 2 and S 1 excited states and therefore these values are listed for all the compounds in Table 6 . In each case, the calculated energy gap between S 2 (π − π*) and S 1 (n − π*) states is lower than 0.55 eV. The small ΔE 2-1 increases the electronic coupling of the two electronically excited states, and thus facilitates an internal conversion from the S 2 (bright) to S 1 (dark) state. Hence, the fluorescence from the charge-transfer state cannot be measured for the investigated compounds. The data presented in Table 6 indicate that all the applied functionals underestimate the λ fluo values. However, the experimental values are closest to those obtained with the participation of PBE0. The use of this functional leads to a shift in the λ fluo towards shorter wavelengths relative to the measured one, and the average difference Δλ exp -PBE0 between them is 41, 36 and 33 nm for BS1, BS2 and BS3, respectively. Additionally, the theoretical peaks have similar intensities and shape (see Fig. 5 ). In turn, the LC functionals gives fluorescence values at a similar level but generally lower when comparing to PBE0. The differences with respect to the experimental values are as high as 70 nm for the LC-ωPBE and 60 nm for the CAM-B3LYP. Taking into account the value of the Stokes' shift (Δν), values closest to the experimental values are obtained using asymptotically corrected functionals. As seen in Fig. 6 , the LC-ωPBE correctly describes Δν in the presence of an environment characterized by a low value of the relative permittivity, while CAM-B3LYP describes them correctly in more polar solvents. This better consistency for the long-range corrected functionals in relation to experiment findings is due mainly to the fact that they yield differences of maximal absorption and emission bands (Δλ fluo −λ abs ) values closer to the measured ones than does PBE0.
Theoretical values (Table 6) show that the transition from the vacuum to the solution is accompanied by a red shift. This bathochromic shift occurs up to DMSO; passing further towards water results in a hypsochromic shift. This negative solvatochromism is not evident in the available experimental data. However, analysis of the values obtained by Zakerhamidi et al. [45] indicates a different solvatochromic change when changing the polarity of the medium. For example, for decanol, the following values of λ fluo were recorded: 580, 583 and 579.5 nm for BS1, BS2 and BS3, respectively. In turn, for ethanol these values were 520, 528 and 553 nm. In this context, the influences in the emission spectra of polar prototic and aprototic solvents with H-bond properties are also highlighted. More importantly, these relationships are properly described by DFT methods. On the other hand, this observation, which is in accordance with the conclusions from the OPA, confirms that values of the relative electric permittivity of the environment (the electrostatic contribution), the dispersion contribution and H-bonds between azo sulfonamide dyes and solvent molecules make an effective contribution to ground and excited state stabilization and thus influence the spectroscopic parameters. More importantly, these observations are reproduced in the geometrical parameters mentioned previously. From the data presented in Tables 1 and 2 , it is clear that the causes of this phenomenon can be discerned in the distance at which the sulfamyl linker is located relative to neighboring pyrimidine ring and azobenzene. On the other hand, the size of the solvatochromic shift is also affected by the presence of the π-bridge. In this case, the bond lengths between atoms, but not the angle at which they are arranged, have a decisive influence on the presence of the red or blue shift in the absorption and fluorescence spectra or on the contributions to ground and excited state stabilization.
Polarity of low-lying excited state
The calculated dipole moments for the ground (μ 0 ) and the second excited (μ 2 ) states for the investigated systems are listed in Table 7 . It can be seen that the differences in the values of dipole moments obtained using different functionals are not significant. However, both B3LYP and PBE0 predict similar values of dipole moments and the difference does not exceed 0.23 and 0.16 D for the ground and second singlet excited states, respectively. On the other hand, the B3LYP gives higher values for S 0 relative to PBE0, whereas the second functional leads to a higher value of S 2 . Referring to the PBE0, the CAM-B3LYP estimated value of the μ 0 and In general, the differences do not exceed 2 and 1.65 D with respect to the PBE0, for S 0 and S 2 , respectively. More importantly, for each tested compound, dipole moments over 8 D higher in the excited state (μ 0 < μ 2 ) were obtained, which indicates a significant polarity of the CT state (Δμ g-CT ). Furthermore, in each case, the lowest values of dipole moments were obtained in the gas phase. The transition to higher electric permittivity of the environment was accompanied by a gradual increase in both μ 0 and μ 2 . Therefore, this correlation is not in accordance with the transition energies, ΔE. On the other hand, for molecules with larger polarization for the charge-transfer excited state than for the ground state, the presence of a red shift is characteristic [68] . It is difficult to compare the μ values determined experimentally with calculated ones. To estimate dipole moments, the Zakerhamidi group [45] used illustrations of spectral shifts for the solute compounds as a function of solvent polarity. Next, using a linear curve fitting approach, the m 1 and m 2 parameters were found, and the ground and the excited dipole moments were calculated on this basis. The result of these approximations is shown in Fig. 7 . It can be seen that the DFT functionals lead to slightly higher values of μ 0 relative to experimental values, with almost identical values reproduced for μ 2 . Moreover, the values calculated indicate that the BS1 molecule is characterized by the highest values of both μ 0 and μ 2 :
The experimental values do not classify the tested azo sulfonamides in the same way:
This may result from the effect of the H-bonding solutesolvent interactions on the measured excitation energy. Thus, in this case, the calculated values may be more correct. It is worth noting that the dipole moment values are also determined by the nature of the D/A substituents. The azo sulfonamides discussed here differ in structure in their amino group, which plays the electron-donating role. As previously shown, a rise in the strength of the donor group results in increased μ 0 and μ 2 values when the acceptor stays the same [74] . The dimethylamino group is a substituent of medium strength. According to the data presented, its strength is weakened by the presence of an oxygen atom with electron-accepting properties. Furthermore, the farther the oxygen is from the nitrogen atom, the lower the strength of the dimethylamino group, hence the classification of the title compounds as above.
The results show that the tested azo sulfonamides, as a group of the D-π-A chromophores, are characterized by the existence of excited states with large differences in polarity between the electronic excited state and the ground state (Δμ g-CT ). This is one of the parameters that determines the NLO activity of molecular systems. The Δμ g-CT calculated values show that the higher dielectric constant of the solvent results in an increase in polarity of the charge-transfer state; see Table S4 in the Supporting Information. Although the ΔΔμ g-CT becomes smaller in more polar solvents, the title compounds are suggested to have a positive solvatochromism. On the other hand, the use of different DFT functionals does not result in such large differences in the obtained Δμ g-CT , as was the case with ΔE. However, the following relationship for the dipole moment difference between the ground and the excited state was found:
More importantly, these values are lower than those determined experimentally. In the case of BS1, the Δμ g-CT Exp -Δμ g-CT theoretical is about 6 D, 4 D for the BS2 and 6.5 D for the BS3. Not only does the difference in the obtained values become significant, but also the classification of tested compounds. Analysis of the polarity of the CT excited state gives the following order:
for the calculated and
for the experimentally determined values. The reasons for these discrepancies should be seen in the absence of the dipole moments determined experimentally in environments of different polarity. Therefore, the theoretical values are complementary to the measured values. Nevertheless, both calculation and experiment show the high polarity of the chargetransfer excited state of the azo sulfonamides, which is [45] characteristic of the red shift. In addition, the connection of Δμ g-CT with the excitation energies suggests that the compounds analyzed should be characterized by a high value of the non-linear response, like the two-photon absorption cross section.
Two-photon absorption cross section
For compounds with positive solvatochromism, the twophoton absorption spectrum shifts toward longer wavelengths with increasing polarity of the solvent [68, 70, 71, 74] . All the results presented here indicate that the studied azo sulfonamide dyes are characterized by a reversal solvatochromism. Unfortunately, no experimental measurements or information on the impact of environments with different polarity on 2PA values for the tested azo sulfonamide dyes are currently available. For this reason the values presented below should be treated as demonstrative and will be compared to those of azobenzene derivatives [74] .
Theoretically determined values of 2PA cross section in a.u. 〈δ OF 〉 and in GM (σ OF (2) ) for the compounds tested in this study are given in Table 8 for the lowest singlet excited state. The calculations were performed using two DFT functionals. 
The presence of a strong electron-donating substituent (the dimethylamino group) enhances the values of the two-photon cross section. From the viewpoint of two-photon imaging applications, it becomes pointless to increase the length of the alkyl chains with oxygen atoms in the amino group. On the one hand, this weakens the strength of electron-donating, and on the other, it leads to a decrease in 〈δ OF 〉 value by a factor of 1.5. This conclusion is consistent with experimental and theoretical studies carried out for the azobenzene derivatives [57, 74] .
In order to compare calculated values with those measured experimentally (σ OF (2) ), the 2PA cross-section must be expressed in GM units (see Eq. 2). Due to the absence of experimental values, in all simulations Γ F was assumed to be equal to 0.25 eV [74, 75] . Looking closely at Table 8 , it can be seen that a change in polarity of the solvent is accompanied by an increase in the (σ OF (2) ) value. More importantly, the two-photon absorptivities tend to increase with the polarity of the environment, but only up to DMSO. The transition from DMSO to the more polar water results in a reduction in the (σ OF (2) ) values. This relationship differs from those obtained for the dipole moments, but is consistent with the absorption and emission spectra. As presented previously [68, 71, [74] [75] [76] , the two-photon cross section depends on three parameters: the transition energy, the oscillator strength and the polarity of the excited state. According to the data provided, f OS and Δμ g-CT are high and almost equal in all solvents. Therefore, the ΔE has a decisive influence on the 2PA cross-section. Consequently, the quantity discussed in terms of solvent impact on the obtained values results inconclusions analogous to those in the case of the one-photon absorption. For this reason, reversed solvatochromism was observed in the 2PA spectra of the investigated azo sulfonamide. Secondly, the dependence of the effect of the donor substituent on the obtainable value is consistent with 〈δ OF 〉 values. Moreover, and even more importantly for critical assessment of the applied models, the CAM-B3LYP functional leads to a smaller value; however, in accordance with previous studies and comparisons with measured values [70, 71, 74] , it gives the most reliable results, which are in good agreement with experimental values.
Conclusions
Density functional theory calculations were carried out to study the structure, as well as the linear and NLO properties, of three azo sulfonamide dyes. The calculated results show that, during the excitation, structural changes occur in the investigated compounds. These changes are mainly in the sulfamyl linker, NN π-bridge and amino group. In the excited state, the sulfamyl linker bonds become shorter and the whole fragment moves in the direction of the pyrimidine ring. In contrast, the NN π-bridge moves in accordance with the charge transfer, which results in moving away from the ring with the amino group in the direction of the ring with the attached sulfone group. In turn, in the amino group only the first methyl groups connected to the nitrogen atom are changed. The presence of a weakly polar solvent enhances these changes. In addition, these studies have shown that the pyrimidine ring is not involved in intramolecular charge transfer, although it has donating groups; upon excitation, only twisting of this ring occurs. The value of the energy separation between the HOMO and LUMO is very large and indicates high chemical hardness for the investigated compounds. The results obtained during TD-DFT calculations are in good agreement with the experimental absorption and emission spectra and the most reliable values are obtained for the PBE0 functional. The calculations show that, although the transition from the gas phase into the poorly polar solvent is accompanied by a bathochromic shift, the titled compounds are characterized by the presence of reversible solvatochromism. More polar environments can lead to the formation of H-bonds, which result in better stabilization of the ground state than the excited state. Moreover, the presence of a sulfamyl linker results in a negative solvatochromic shift in some of the polar environments. These phenomena suggest that, depending on the polarity and proticity of the medium, the better stabilization occurs in the case of one of two valance-bond forms, namely neutral and zwitterionic. Theoretical calculations showed that the energy gaps between the S 2 and S 1 states for all investigated molecules are smaller than 0.5 eV, which facilitates nonradiative deactivation of the charge-transfer excited state, and thus S 2 fluorescence is quenched. The results show that all these compounds are characterized by a high polarity of the charge-transfer excited state. Despite the fact that this property is characteristic of the occurrence of positive solvatochromism, it indicates that the ground state of the neutral geometry is stabilized more than the zwitterionic structure, and that self-aggregation of azo sulfonamide dyes should not occur in consideration solvents. On the other hand, the theoretical calculations on the investigated D-π-A chromophores predicted non-monotonic behavior of the 2PA cross section with increasing solvent polarity. It was found that the computed 2PA cross section was smaller in water solution than in DMSO. Although an accurate estimation of the width of the absorption band, Γ F , is crucial for qualitative predictions of the 2PA cross sections; the values obtained clearly confirm that the compounds analyzed are characterized by reversible solvatochromism. In general, this type of donor-acceptor π-conjugated molecule is promising for applications in various linear and NLO devices. A large Stokes' shift value and the 2PA cross section makes these compounds useful in bioimaging.
